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ON SOME APPROXIMATION PROCESSES IN LOCALLY CONVEX CONEX
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The aim of this paper is to present a constructon of a Korovkin system for a cone of weighted continuous set — valued functions.

§ 1. Preliminaries and notations
Let €V be aseparated locally convex cone such that G is a linear space. We shall consider:

1 CConv @& :: AcG | @+ AeCConv & }L, compact in the upper topology on G
which becomes a locally convex cone, as a subcone of the full locally convex cone HConv € ;V , Where
V=vV|Vi=v,veV

Its not difficult to verify that €Conv & y_ is a M -uniformly up-directed cone, V -semilattice and all its elements are

bounded.
Recall that there’s a natural embedding j:G" > €Conv & j, j ’t:: H, where

LR =sup ua]acA, AcCCon 6 .

Let2) M= e €Conv & j MHE G" .Then, M has the following properties:

1. V:v eV, M m\70, v —compact;
2. ¥ _ABeCConv &, ¢ veV pentrucare 4 p>1lai A<B+ow, @ uueM AV ai
& >H8 +1.

__ - n _ _
3. udo a,.a, ,Zi\[oﬂﬂi;aiEG,i=1:”-

Let X be a locally compact Hausdorff space and W, a weight on X .

Now, we shall consider:
@ Ccv X;CCOHVG‘Z f eC, K;CConv € :[ VE/ eV, i:] < X, compact such that f <V, and

0< f+V, on X\Y endowed with abstract neighborhood system \TW = { _W| w {—}, veV } and
w

@ MY :{ﬁx| i, ¢V K;CConvG::, weM, xe X }

Then, it can easily be proved that (3) and (4) inherit the same properties as (1) and (2).

§ 2. A Korovkin system for C" & ;CConv G:

) FY&;CConv€& = feC" K;CConv€ | € o, C" K;G_ of finte rank, i=1n

. Firstly, we consider
such that,

— - — — — { not
¢ xeX, f&=cop, &,..9, (ﬂ_(: FW]_
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« Prop. 1: F" is a sup-stable subcone of €“ &;CConv & V,, .

W . . . o
. cor.2: F" isan M -uniformly up-directed cone and V -semilattice.

Prop. 3:1f f €C" &;CConv® , ¢ veV, ucG , xeX, € geF¥ NV, suchthat 77, € =7, ¢
Dem. prop.3Conformly with the definition of ,UX and of the continuity of fa,dactia such that. 1A =1k €

cY, &y eX fa<v  0<ferd, ¢xeX\Y

Conformly of the definition of compact such that

a,ef -
For y €Y , we choose Y y -. ('in particularly, ax=a ).
- v
= 0 - a, <f€+—— - - =
f,4U, =UyeV y - we <we¢ +1, ¥ zeU
Conformly with the continuity of = '~ — ¥ y v such that. l+wy —-and - v - Y:so
- - v - v
a<fa+——<foa+—
we have: wy +1 W!—, VZeUy.
n -
¢ Wedefine g = Zo‘iay. Where @ ;_15 is a unit-partition in iin of X . g verify the conditions:
i-1 =4

99 <f ¢ +V, ¢ yecX becausec; ¢ =land; & =0,i=1,n bgi(?<ay,...,ayn )

L]
e  To prove the main result of § 2, we use a consequence of a result due to Keimel and Roth(3):

. Prop.4: Let &V i be locally convex cone with all elements bounded and C < G, a subcone.
Then: Sup. € =Sub. € =G°.

FY &:CConvé&

Theorem 5: — is a lower-Korovkin system for

w . -
C" &;CConv & _ _ Dem.Th

5:Follow the prop.3 and the definition of inf-envelope we 7, € :z f andso f € SubFW ﬂ/l\>'<v K
Because MY is strictly- separating, Ex €}, \ € <MY andfrom FW, M —u—d —directed

= T
fe SUwa ( ¢V jz € °, conformly prop.4
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